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Back to basics: Debt dynamics is a nutshell
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◆ Government budget identity:

𝑮𝒕 + 𝒊𝒕𝑩𝒕−𝟏 ≡ 𝑻𝒕 + 𝜟𝑩𝒕 + 𝜟𝑴𝒕 (nominal terms).

◆ Abstracting from monetary financing and rearranging:
Δ𝐵 = 𝐺 − 𝑇 + 𝑖𝐵𝑡−1 → Change in debt ≡  budget deficit.

◆ 𝑃𝑦 = nominal national income (GDP)

◆ Debt ratio: 𝑏 ≡
𝐵−1

𝑃𝑦
and  

𝑏𝑢𝑑𝑔𝑒𝑡 𝑑𝑒𝑓𝑖𝑐𝑖𝑡

𝐺𝐷𝑃
=

Δ𝐵

𝑃𝑦
≡

𝐺−𝑇

𝑃𝑦
+

𝑖𝐵−1

𝑃𝑦
≡ 𝑑 + 𝑖𝑏

where 𝑑 is the primary deficit/GDP ratio. 

◆
Δ𝑃

𝑃
≡ π , 

Δ𝑦

𝑦
≡ 𝛾𝑦 , Fischer equation: 𝒓 = 𝑖 – π . 

◆ Debt dynamics equation, i.e. how the debt/GDP ratio evolves over 

time:  𝜟𝒃 = 𝒅 + 𝒓 − 𝜸𝒚 𝒃 → sustainable if 𝜟𝒃 =< 0
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Risk of bad equilibria: financial markets expectations

3

DEBT SUSTAINABILITY ANALYSIS IS BACK

◆ Initially at A, primary deficit (𝑑 > 0)  and  𝑟 < 𝛾𝑦.

◆ But shock to 𝑟 and/or 𝛾𝑦 or both → now, 𝑟 > 𝛾𝑦 → The economy 

jumps to the new upward-sloping line B → Δ𝑏 rises without limit 
unless 𝑟,  𝛾𝑦 or 𝑑 change.

primary deficit, d

r - yy

Δb

b

B

A

Δb = d + (r - yy )b

(r - yy ) suddently turns 

positive due to changes 
in long-term inflation 
expectations or lower 
potential growth



Starting with a forward-looking debt position
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Not just debt-to-GDP ratios, but forward-looking 𝒅, 𝒓, 𝜸𝒚
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What real GDP growth? (with feedback into fiscal balances)
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What matters is potential growth
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Which has also a feedback effect on the budget balance
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𝒓 may go up because of a turn in monetary policy  
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And the neutral rate for monetary policy 
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Plus term premia, risk premia etc.
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𝒓 depends on the maturity structure, term & credit premia …
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𝒓−𝜸𝒚 may no longer be structurally low (Blanchard) 
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𝒓−𝜸𝒚 for Latvia below that for the Eurozone and Germany
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A 2pp 𝒓 − 𝜸𝒚 shock to see the extra fiscal effort needed

15

DEBT SUSTAINABILITY ANALYSIS IS BACK



The danger zone: Italy but also France, Belgium, and Spain
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Debt-to-GDP is a pretty poor fit for yield spreads
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And it is also a poor fit for ratings
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Ratings do a much better job, with broader considerations 
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Picking up the right dimensions is of the essence
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Beyond debt, what matters for the cost of borrowing?
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Can debt be reduced, while making room for climate 
transition, digilisation, military spending etc.?
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What is the optimal level of debt? Key messages
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◆ There is no optimal level. 

◆ No matter what that ideal level is, it is certainly lower than current 
ones for most of the world and Euro Area countries. 

◆ There is no level that guarantees sustainability. On top of the starting 
level of debt, sustainability relies on careful consideration of 𝒅, 𝒓 , 𝜸𝒚
and their related risks. They should  be stress tested to find out 
whether there are risks of bad equilibria. 

◆ Finally, sustainability is a much broader concept that touches on 
many other economic and non economic aspects, and countries 
should also work on that on top of public finance variables. 

◆ Having fiscal leeway can facilitate climate transition, digitalisation, 
ageing, military spending, etc. and any other needs to address 
structural shift.
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